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D. Suiez [9] D $H^{\infty}$
$M(H^{\infty})$ trivial points r totally disconnected ( $\mathrm{T}.\mathrm{D}$ . )
$\Gamma$ extremely disconnected ( $\mathrm{E}.\mathrm{D}$ . )
T. Ishii and K. $\mathrm{I}\mathrm{z}\mathrm{u}\mathrm{c}\mathrm{h}\mathrm{i}[\mathrm{l}\mathrm{C}]$ $\Gamma$
$\mathrm{E}.\mathrm{D}$ . (97 )
$\Gamma$ Fiber r, $(\equiv \Gamma\cap M_{\lambda})$
2
$D=\{z\in \mathbb{C};|z|\backslash /1\},$ $H^{\infty}=$ { $D$ }
$M(H^{\infty})=$ { $0$ $H^{\infty}$ }
$f\in H^{\infty}$ Gelfand $\hat{f}$
$\hat{f}(m)=m(f)$ $(m.\in M(H^{\infty}))$
$\hat{f}$ $M(H^{\infty})$ weak $*$-topology
$M(H^{\infty})|\mathrm{h}$ compact Hausdorff $\hat{H}^{\infty}---\{\hat{f};j\in fI^{\infty}\}$ $M(H^{\infty})$
$H^{\infty}\cong\hat{H}^{\infty}$ (isometry isomorphism)
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$H^{\infty}$
$\hat{H}^{\infty}$ – $M(L^{\infty})\cdot\subset M(H^{\infty})$ $H^{\infty}$ Silov
boundary $M(L^{\infty})$ –
$\Gamma$ $x,$ $y\in M(H^{\infty})$
$\vee C$ pseudo hyperbolic distance &
$\rho(x, y)=\sup\{|f(y)|;f\in H^{\infty}, ||f||_{\infty}=1, f(x)=0\}$ .
$P(x)=\{y\in M(H^{\infty});\rho(x, y)<1\}$ $P(x)$ Gleason part
$x\in M(H^{\infty})$ trivial point $P(x)=\{x\}$
$\Gamma\equiv\{x\in M(H^{\infty});P(x)=\{x\}\}$ $\Gamma$ $M(H^{\infty})$ closed set [7]
, $M(L^{\infty})\subset\Gamma[4,\mathrm{p}.402]$
2.1 ([3, p.18]) $M(L^{\infty})$ $E.D$.
: $\Gamma(\supset M(L^{\infty}))$ $\mathrm{E}.\mathrm{D}$ . ?
D. Suiez D. Suiez
$\Gamma$ $\mathrm{T}.\mathrm{D}$ . $\Gamma$ closed-open basis ($M(H^{\infty})$





$M_{\lambda}\equiv\{x\in M(H^{\infty})\backslash D;z(X)=\lambda\}$ , $\Gamma_{\lambda}\equiv\{x\in\Gamma;z(X)=\lambda\}=M_{\lambda}\cap\Gamma$
( ) $M_{\lambda}$ $\lambda\in\partial D$ fiber $M_{\lambda}$ $M(H^{\infty})$ closed set
$\Gamma_{\lambda}$ $\Gamma$ closed set
$\equiv$ { $q$;inner function $\partial D\backslash \{\lambda\}$ }
$A_{\lambda}=$ {$x\in M(H^{\infty})\backslash D;|q(x)|<1$ for some $q\in \mathcal{I}_{\lambda}$ }
( ) $A_{\lambda}$ $M(H^{\infty})\backslash D$ open set $A_{\lambda}\cap M_{\zeta}=\emptyset(\forall\zeta\in\partial D, \zeta\neq\lambda)$ ,
$A_{\lambda} \subset M(H^{\infty})\backslash D=\bigcup_{|\zeta|1}=M_{\zeta}$ $A_{\lambda}\subset M_{\lambda}$
2.3 $\{z_{n}\}_{n}\subset D,$ $z_{n}arrow\lambda,$ $\Sigma_{n=1}^{\infty}(1-|z_{\mathfrak{n}}|)<\infty$ ,
$\forall x\in\overline{\{z_{n}\}n}\backslash \{z_{n}\}_{n}$ $\overline{P(x)}\subset A_{\lambda}$
$\{p_{n}\}\subset \mathrm{N}p_{n}arrow\infty,$ $\Sigma_{n=1}^{\infty}Pn(1-|z_{n}|)<\infty$
$B(z)= \prod_{n=1}^{\infty}(\frac{-\overline{z}_{n}}{|z_{n}|}\frac{z-z_{n}}{1-\overline{z}_{n}z})^{\mathrm{P}n},$ $z\in D$
$B(z)$ Blaschke product
$B(z)=B1(_{Z})B2(Z)\cdots B_{j}(Z)\cdots$
( $B_{j}(x)=0$ for $\forall j\in \mathrm{N},$ $\forall x\in\overline{\{\{z_{n}\}n}\backslash \{zn\}_{n}$)
$B=0$ on $\overline{P(x)}$ for $\forall x\in\overline{\{z_{n}\}n}\backslash \{z_{n}\}_{n}$ $([7,\mathrm{L}\mathrm{e}\mathrm{m}\mathrm{m}\mathrm{a}$.
23]) $\overline{P(x)}\subset A_{\lambda}$
2.4 (i) $A_{\lambda}\cap \mathrm{F}_{\lambda}$ $\Gamma$ opensubset
(ii) $A_{\lambda}\cap\Gamma_{\lambda}$ $\Gamma_{\lambda}$ proper subset
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(i) [1] $\overline{P(x)}\cap\Gamma\neq\emptyset$ $(\forall x\in M(H^{\infty}))$
23 $\overline{P(x)}\subset A_{\lambda}$ $(\forall x\in\overline{\{Z_{n}\}n}\backslash \mathrm{t}Z_{n}\}_{n}.)$ $A_{\lambda}\cap\Gamma_{\lambda}=A_{x}\cap(M_{\lambda}$
$\Gamma)=(A_{\lambda}\mathrm{n}M\lambda)\cap \mathrm{r}=A_{\lambda}\cap \mathrm{r}\neq\emptyset$
$A_{\lambda}\cap\Gamma$ } $\Gamma$ open set $A_{\lambda}\cap\Gamma_{\lambda}$ $1^{\urcorner}$ open set
(ii) inner function $q$ $|q(x)1=1$ $(\forall x\in M(L^{\infty}))$ $x\not\in A_{\lambda}$
. $A_{\lambda}\cap M(L^{\infty})=\emptyset$ – $M(L^{\infty})\subset\Gamma$ $A_{\lambda}\cap\Gamma_{\neq}\subset \mathrm{r}$
$A_{\lambda}\cap\Gamma_{\lambda\lambda}=A\cap(M_{\lambda}\cap\Gamma)=M\lambda\cap(A_{\lambda}\cap \mathrm{r})\neq\subset_{M\cap\Gamma}\lambda=\Gamma_{\lambda}$
2.5 $\overline{A_{\lambda}\mathrm{n}\mathrm{r}_{\lambda}}=\mathrm{r}_{\lambda}$
A\mbox{\boldmath $\lambda$}\cap $\Gamma_{\lambda}\supset\Gamma_{\lambda}$ $\mathrm{A}\mathrm{a}_{\mathrm{o}}x_{0}\in \mathrm{r}_{\lambda}$ , $x_{0}$ $V$
$V$
$x_{0} \in W\equiv \mathrm{t}X\in M(H\infty);\sum_{=}|fj(x)-f_{j}(_{X}0)|\leq\epsilon\}j0\subset V$
$f\mathrm{o}(z)=z$ corona
$\{z_{\alpha}\}_{\alpha}\in W\cap D$ such that $z_{\alpha}.arrow x_{0}$ .
$P(’x_{0})=\{x_{0}\}$ $\forall f\in H^{\infty}$ and $0<\forall r<1$
$f\circ L_{z_{\mathrm{Q}}a}arrow f(x_{0})(\mathrm{c}\mathrm{o}\mathrm{n}\mathrm{s}\mathrm{t}.)$ uniformly on $D_{f}=\{z\in D;|z|\leq r\}$ ,
$\sum_{j=0}|f\mathrm{j}\circ L_{\approx}-f\circ \mathrm{j}(X\mathrm{o})|arrow\alpha \mathrm{o}$
uniformly on $D_{r}$ .
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$f_{0}(z)=z$ interpolating sequence $\{\mathrm{e}v_{n}\}_{n}\subset$ {z } $\vee\supset$ $w_{n}arrow\lambda$
$\sum_{\mathrm{j}=0}|f_{j^{\circ L_{w_{\mathfrak{n}}}-}}f_{j}(x\mathrm{o})|arrow 0$
uniformly on $D_{r}$ as $narrow\infty$ .
$y\in\overline{\{w_{n}\}_{n}}\backslash \{wn\}_{n}$ $P(y)\neq\{y\}$ $P(y)\subset M_{\lambda}$
$f_{j}\mathrm{o}L_{y}=f_{j}(x\mathrm{o})$ on $D_{f}$. $(0\leq\forall j\leq k.)f_{j}\circ L_{y}\in H^{\infty}$ $f_{j}\mathrm{o}L_{y}=f_{\mathrm{j}}(x\mathrm{o})$ on $D$
$f_{j}=fj(x_{\mathit{0}})$ on $P(y)$
$f_{j}=f_{j}(x\mathrm{o})$ on $\overline{P(y)}$ $(0\leq\forall j\leq k.)$
$x_{0}$
$\overline{P(y)}\subset V$ 23. $\overline{P(y)}\subset A_{\lambda}$ .




2.2 $\Gamma_{\lambda}$ $\Gamma$ closed set $\Gamma\backslash \Gamma_{\lambda}$ $\Gamma$ open set $A_{\lambda}\cap\Gamma_{\lambda},$ $\mathrm{r}\backslash \mathrm{r}_{\lambda}$
$\Gamma$ proper open set 25.
$\overline{A_{\lambda}\cap \mathrm{r}\backslash }\Gamma\lambda^{\cap}\overline{\backslash \Gamma_{\lambda}}=\Gamma\lambda\cap\overline{\Gamma\backslash \Gamma_{\lambda}}\neq-\emptyset$. $\overline{A_{\lambda}\cap \mathrm{I}^{\urcorner}\lambda},\overline{\Gamma\backslash \Gamma\lambda}$ \vdash
open set $\Gamma$ [ $\mathrm{E}.\mathrm{D}$ .
3 $\Gamma_{\lambda}$
$X$ $\mathrm{T}.\mathrm{D}$ . $\mathrm{T}.\mathrm{D}$ .
$\mathrm{E}.\mathrm{D}$ . $M(L^{\infty\infty}\infty)\}$ $\mathrm{E}.\mathrm{D}$ . $M(L^{\infty})$ fiber
$\ovalbox{\tt\small REJECT}$ $M(L^{\infty})$ $M_{\lambda}$ $\mathrm{E}.\mathrm{D}$. $[6, \mathrm{p}171]$
$\Gamma_{\lambda}(\equiv\Gamma\cap M_{\lambda})$ $\mathrm{E}.\mathrm{D}$ .
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3.1 $\Gamma_{\lambda}$ $E.D$.
$\{z_{n}\}n\subset D$ such that
$\lim_{karrow\infty}\prod_{k\mathfrak{n}:n\neq}|\frac{z_{n}-z_{k}}{1-\overline{z}_{kn}z}|=1$
,
sparse sequence $z_{n}arrow\lambda(\in\partial D)$ as $narrow\infty$ .
$b$ $\{z_{n}\}_{n}$ Blaschke product $b\in \mathcal{I}_{\lambda}$
[5]
(3–1) $\{x\in M(H^{\infty})\backslash D;|b(X)|\leq 1\}=\cup\{P(x);x\in\overline{\mathrm{t}Zn\}_{n}}\backslash \{Zn\}_{n\}}$
$b(M(L^{\infty})\cap\Gamma_{\lambda})=b(\Gamma\lambda)=\partial D$ .
$M_{\lambda,\zeta}=\{_{X}\in M_{\lambda;}b(x)=\zeta, \zeta\in\partial D\}$ $\Gamma_{\lambda,\zeta}=M_{\lambda},\zeta\cap \mathrm{r}_{\lambda}$ .
$\Gamma_{\lambda,\zeta}$
$\Gamma_{\lambda}$ closed subset $\Gamma_{\lambda}=\cup\{\Gamma_{\lambda,\zeta;}\zeta\in\partial D\}$
$\backslash \Gamma_{\lambda,\zeta_{1}}\cap\Gamma_{\lambda,\zeta_{2}}=\emptyset(\zeta_{1}\neq\zeta_{2})$
(3–2) $\mathcal{I}_{\lambda,\zeta}=$ { $q\in \mathcal{I}_{\lambda;}|q|=1$ on $M_{\lambda,\xi}$ for every $\xi\in\partial D,$ $\xi\neq\zeta$ }
(3–3) $A_{\lambda,\zeta}=$ {$x\in M_{\lambda;}|q(x)|<1$ for some $q\in \mathcal{I}_{\lambda,\zeta}$ }.
$A_{\lambda,\zeta}\subset M_{\lambda,\zeta\text{ }}A_{\lambda,\zeta}\#\mathrm{h}M_{\lambda}$ opensubset
(3–4.) $A_{\lambda,\zeta}\cap \mathrm{r}_{\lambda,\zeta}$ t $\Gamma_{\lambda}$ open subset
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3.2 $\{w_{n}\}_{n}$ $w_{n}arrow\lambda$ and $b(w_{n})arrow\zeta(\in\partial D)$ as $narrow\infty$ . $\mathrm{s}\mathrm{p}_{\mathrm{d}\}$ aequance
Blaechke product $B\in \mathcal{I}_{\lambda,\zeta}$ $B=$
.
$0$
. on $P(y)(\forall y\in\overline{\{w_{n}\}_{n}}\backslash \{w_{n}\})$
$\overline{P(y)}\subset A_{\lambda,\zeta}(\forall y\in\overline{\{w_{n}\}_{n}}\backslash \{w_{n}\})$
$w_{n}arrow\lambda,$ $b(w_{n})arrow\zeta$ as $narrow\infty$ ,
$z(y)=\lambda$ and $b(y)=\zeta$ for $y\in\overline{\{w_{n}\}_{n}}\backslash \{wn\}_{n}$ .
$||b||_{\infty}=1$ $z=\lambda$ and $b=\zeta$ on $P(y)$ for $y\in\overline{\{w_{n}\}_{n}}\backslash \{w\}_{n}n\cdot$ .
(3–5) $P(y)\subset M_{\lambda,\zeta}$ for every $y\in\overline{\{w_{n}\}_{n}}\backslash \{wn\}_{n}$.
$q$ $\{w_{n}\}_{n}$ Blaschke product (3-1) ,
$\{y\in M(H^{\infty})\backslash D;|q|<1\}=\cup \mathrm{t}P(y)$ ; $y\in\overline{\{?D_{n}\}_{n}}\backslash \{Cvn\}_{n}\}$ .
(3-5) ,
(3–6) $|q|=1$ on $M(H^{\infty}$
.
$)\backslash M_{\lambda,\zeta}$ .
$u=(|z+\lambda|+|b+\zeta|)/4$ on $M(H^{\infty})$ .
(3–7) $M_{\lambda,\zeta}=\{x\in M(H^{\infty});u(X)=1\}$ .
$\{r_{n}\}_{n}\subset \mathrm{N}$ $0<r_{n}<1$ , $r_{n}arrow 1$ $D_{n}=\{z\in D;u(z)\leq$
$r_{n}\}$ . $D_{n}\subset D_{n+1}$ . $(.3- 7)$ corona ,
(3–8) $M(H^{\infty}) \backslash M_{\lambda},\zeta=\bigcup_{=n1}(\overline{D_{n}}\backslash D_{n})\infty$.
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$\{\epsilon_{n}\}_{n}\subset \mathrm{N}$
(3–9) $0<\epsilon_{n}<\mathrm{i}$ and $\prod_{n=1}^{\infty}\mathcal{E}\sim n>0$ .
$q_{k}$
$q_{k()=\prod_{j}}z \infty=k\frac{-\overline{w_{j}}}{|w_{j}|}1-\frac{w}{w_{j}}ZZ-j$ , $z\in D$
$n$ , $N_{n}$
(3–10) $|q_{N_{n}}|\geq\epsilon_{n}$ on $D_{n}$ .
(3-6) (3-8) ,
$|q|=1$ on $\overline{D}_{n}\backslash D_{n}$
$D$ compact subset $E_{n}$
(3–12) $|q|\geq\epsilon_{n}$ on $\overline{D}_{n}\backslash E_{n}$ .
$|q_{k}|arrow 1$ (uniformly on $E_{n}$ as $karrow\infty$ )
(3 – 13) $|q_{N_{n}}|\geq\epsilon_{\mathfrak{n}}$ on $E_{n}$ .




(3–15) $B\in \mathcal{I}_{\lambda,\zeta}$ .
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(3–16) $|B|=1$ on $\overline{D}_{n}\backslash D_{n}(\forall n\in \mathrm{N})$
$(3- 2),(3- 8)$ (3-15) (3-16) $0<\mathcal{E}<1$
(3-9) , $p(\geq n)$ $\epsilon\leq$ p\epsilon j (3-10) $|\Pi_{j=p}^{\infty}qN_{j}|\geq\epsilon$
on $D_{n}$ $\text{ }|\Pi_{j=p}^{\infty}q_{N}j|\geq\epsilon$ on $\overline{D}_{n}\backslash D_{n}$ (3-11) $|B|=|\Pi_{j=p}^{\infty}qNj|\geq$
$\epsilon$ on $\overline{D}_{n}\backslash D_{n}\text{ _{ }}$ $(3- 15)$ $y\in\overline{\{w_{n}.\}_{n}}\backslash \{wn\}_{n}$ $q(y)=0$
(3-5) $P(y)\subset M_{\lambda,\zeta}$ $|q_{N_{n}}|=|q|$ on $M(H^{\infty})\backslash D$
(3-14) $B=0$ on $\overline{P(y)}$ (3-3) (3-15) $\overline{P(y)}\subset A_{\lambda,\zeta}$
3.3 (i) $\overline{A_{\lambda,\zeta\zeta}\cap\Gamma\lambda,}=^{\mathrm{r}_{\lambda,\zeta}}(\forall\zeta\in\partial D)$
(ii) $\Gamma_{\lambda}$ $E.D$.
$x_{0}\in\Gamma_{\lambda,\zeta},V$ $x_{0}\in M(H^{\infty})$ $fi,$ $f_{2}$ , ....., $f\text{ }\in H^{\infty}\text{ }$
$\epsilon>0$
(3–17) $W\equiv\{x\in M(H\infty)$ ; $\sum_{j=1}|f_{j}(_{X)}-fj(X0)|<\epsilon\}\subset V$
$fi(z)=z\text{ }$ $f_{2}(z)--- b(Z)$ 22
sparse sequence $\{w_{n}\}_{n}\subset D$
(3–18)
$\sum_{j=!}|f_{\mathrm{j}}\circ L_{w}-fn\mathrm{j}(x0)|arrow 0$
uniformly on $D_{f}$ as $narrow\infty$ for $0<r<_{\backslash }1$ and






$\emptyset\neq\overline{P(y)}\mathrm{n}\Gamma\subset A\lambda,\zeta\cap\Gamma\lambda,\zeta(\forall y\in\overline{\{w_{n}\}_{n}}\backslash \{w_{n}\}_{n})$
$\text{ }$ (3-17) (3-19) $x_{0}$
$\emptyset\neq(A_{\lambda,\zeta}\cap \mathrm{r}_{\lambda},\zeta)\cap V$
(i)
$\zeta\in\partial D$ $U=\Gamma_{\lambda}\backslash \Gamma_{\lambda,\zeta}$ $\Gamma_{\lambda,\zeta}$ $\Gamma_{\lambda}$ closedsubset $U$
$\}$ $\Gamma_{\lambda}$ opensubset $U,\Gamma_{\lambda,\zeta}\cap A\lambda,\zeta$ $\Gamma_{\lambda}$ proper opensubset
$U\cap(\Gamma_{\lambda,\zeta}\cap A_{\lambda,\zeta})=\emptyset$ (i) $\overline{U}\cap\overline{(A_{\lambda,\zeta}\cap\Gamma_{\lambda},\zeta)}=\overline{U}\mathrm{n}\Gamma\lambda,\zeta\neq\emptyset$ . $\Gamma_{\lambda}$
$\mathrm{E}.\mathrm{D}$ .
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